We prove that a compact orientable Einstein-Thorpe manifold of dimension 8 that satisfies 6x = IP21 must be flat.
Introduction
The local geometry of a manifold provides us with information about its global topology. For instance, the generalized Gauss-Bonnet theorem [2, 5] states that the Euler-Poincare characteristic x of a compact oriented Riemannian manifold M 4k can be written as an integral 2 r(2Jfc)'l 2 f
1^
I ^c e (*R 2k * R 2k ) dV, 2 r(2Jfc)'l 2 f = y 1^-I [2] 8-dimensional Einstein- Thorpe manifolds 279 in case of a compact oriented Einstein manifolds of dimension 4 with 2x = Hitchin in [3] has classified these manifolds. On the other hand, Thorpe metrics need not be Einstein in dimensions higher than 4 and the following metrics satisfy the Thorpe condition but they are not Einstein metrics [4] where «,-, Vj e T X M and S p denotes the group of permutations of ( 1 , . . . , p) and, for a € S p , e{a) is the sign of the permutation a.
The tensor R p has the following properties: it is alternating in the first p variables, alternating in the last p variables and it is invariant under the operation of interchanging the first p variables with the last p variables. Hence, at each point x e M, R p can be regarded as a symmetric bilinear form on /\ p (x) . By use of the inner product on /\ p (x), R p at* may then be identified with a self-adjoint linear operator R p on /\ p (x). Explicitly, this identification is given by
with u t , Vj e T X M. From now on, we use the same notations for the pth curvature operators and the pth curvature tensors. The tensor R p satisfies the Bianchi identity which can be expressed in the following way [5] :
where Alt is the skew symmetrization operator given by
When n is a multiple of 4, p = n/2 and M is oriented, the Bianchi identity for R p admits another interpretation in terms of the Hodge star operator on /\
P (M):
Alt R p (e,,... , e n ) = t -^-trace *R P and hence for the case p = n/2, the Bianchi identity for R p reduces to trace *R P = 0 .
Taking p = n, the space A "^) i s o n e dimensional and hence the self-adjoint linear operator R n : f\"(x) -*• /\"(x) is a scalar multiple of the identity. More explicitly, when expressed globally, the line bundle homomorphism R n : /\"(M) -• /\"(M) is [4] In this section we prove that a compact orientable Einstein-Thorpe manifold of dimension 8 that satisfies the above topological equality must be flat. 
where [ ] is a skew symmetrization, and {e t }* =1 is an orthonormal frame. We analyze the terms of this sum individually: (ii) The product manifold of T 4 with any compact complex hyperbolic manifold of complex dimension 2 does not admit an Einstein-Thorpe metric. The manifolds described in (i) and (ii) satisfy x = 0 and P 2 = 0.
PROOF. It is easy to see that the manifolds described in part (i) and (ii) satisfy x = 0 and P 2 = 0. This implies that any Einstein-Thorpe metric on the manifolds described in (i) and (ii) must be flat by Theorem 3.1, hence a contradiction.
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